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( m ) 

SOLU.TIO. 

CONSTRUCTIO. 

PROBLEMA L 

IHvenire minimam lineam qua dff- 
ci potefi per punHum damn ^ 

intra anguhm i^^J^^'^ ^ 
A N A L Y 1 ^ A 

Sit C B minima quefita , pucatur Q A 
normalis FD, AP normalis BD, GK 
normalis F P. Igitur coenite crwit A^F, 
AQ, QD . Ponatur QF — a. QA^^ r, 
QD=*- QG:;;:*»«itFAi:;'^^«"+««» GA 
^^^f, FP=f+^ ob analpsiam FA» 

F Q:: FO; FP, i&m AP == oB—ff^ 
VH^^^ d.a^tt pb analogiam AF: FQ:: 
FC; FK» »Si»»r AK=f^^Scd ailD 

A * ^ 
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( IV ) . 

fit AK: GA:r AP: AB=^^^_V««+fr 

' [ ' c c\-ax ; 

tcrea per condidoncai Minim' habcbimus 

iEquationc rcdudla jnyenicmus 7^77 x — 
taLcc . ^c^x^ ^cc^xxji nempcDC. QG 

zrAB.GA. ' 

CONSTRUCflO- ' 

Ducatur D £ normalis C B , & deTcriptus 
inteUigattar circulus A Q D P E compre^ 
hcndens angulumdatum cuni fit GE . C A 
rrCQ. CD^critCE. CAiziAB. CAi 
crgo AB= C£, crgo CA = £B. 

Nunc exponam praxim ingenipii Archi-* 
te£li , quam adhibuft pro fblutione hujus 
Problematis infervientis ad determinandam 
maximaoi longitudinem > quas volvi poteft 
circa punAumf tanquam obicemf in datp 

angulo. Ex dato puulh A duxk lineam A 
intraangulum CDBy cfrculum defcripf%t Di^* 
tntftro APi. ddndtf circa punHum A revolvere 

Digitized by Google 



fdtpit regulam CBy motum bunc tunc ceffarc 
ffc/t cum /nvenit ctrcino AC z=z ^E. tiis 
folutis ai^mavft hmam C B ejje maximam lon^ 
gHudinm 9 qu€ in angulo dato vehi fatefi chrca 

punRwn datum . Animadverto punAa A & 

E efle in hypcrbola tranfcunte pcr pun- 
^um A. Intra afymptotos FD, DG hy- 
perbola S A £ defcribatur » qus tranfeat 
per punitum A . Dcfcripta hypcrbola 
fcindct circulum in E , dico lineam C A 
£B efT? qucefitam. 

Idem Problema aliter. 

• •» •* «••.••••» 

ESto QArrr. QP — b. APrr^y. 
PD = m. CQ=^. BP=?. ACzr 
v^H-^AT. AB~f^ wy+y^. Jam cum fit bx^xx 
—xx^^c + A E. yccf9(x erit AEiij ^^— ^^; 

ycc^dcx 

& cum fit — ^AE. y^^fj»^ 
crit A £zs:wf ^ — . Sed AB 

^cc^ + y^lSi^ pcr c^ltiotteiii 

Minimi hajbebimus x^x + kAj^ o . Poft 

debitas redu<fltones j & fubfiitutiofief ori^ 

tur fcqucns Conllru^io* 

OON- 
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(VI) 

C O N S T R U C T I O. 

Flg. III. Linee P D, Q D bifariam di- 
vidantur in pudis F&G, a quibus 
ducantur FE» <3E parallele lioeis P O» 
Q D . <:cntro faa» in pundlo concarrUtf 
E fuper axim GE defcribatur hyperbola, 
cu^ coordinat^ ang ulum D effic iant » 

cjufque Diameter fit ^QD— fivero 
QD minor effet PD, conftruatur hypcN 
bola fuper axem F£ iifdem conditionibus, 
mutats tamen fignis in valore Diametri. 
Pfgeterea fuper ax em FE, cent ro E, dia- 

metro ^4AQ ^AP + jQD^ alia 
conftruatur hypcrbola , cujus quoque coor- 
diaate» feciant angulum D, fi autem dia- 
loetrt valoreftet imaginarius, mutatisfignis 
ejufdem iXametri Gma axem E G dcfcri- 
batur hyperbola . He hyperbole fc inv». 
cem fecabunt in K. Deinde a punfto K 
mam KB, KGparallcleCD, BD. Di- 
co lineam CB efle qn^fitam. Multas d^- 
terminationes hujus Problematis brevitatis 

caula omittimus*^ 



PRO- 
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( vii; 

PROBLEMA II. 

DAto funSlo A in dato anguio 
t^DG invenire minimam ranm 
gentetn circuli dejcriptiaradio AL 

IV. ^ 

ESto NK tangens quefita. A Q rr 
A M = v^^t^-K^ QG = ^^- AK— — 



G A = r ^^^fjf . A B = , V^^+rr, 

H?c omnia oriuntur cx analyfi preceden^ 
t^Pfoblematis . QM ; QA:: ML: M L 
crgo NLfz^^^^ — A T: T C: : 

AP: PB^ ergo V&Zj^ ^c. 7^117 ^ P B. 
AP: AB: ARigiturAR^J^^lf 



& LR=^E2^^~*' J^L: LK:: 



4^ — 

Igityr 
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(VIII) 

IgltUr NK — 4 ^H^> ^lzz^cc-^ aiz^ccb ; 

cxz+acx, 

Pef cwi ditionein ' M//»Aw' crit 

^TL+a^» abalzyz.z+cc+acc+ab^ zjdz — Xabzdz M ' . 



'^acc—abz, — 2,z+cc+ab^xzMC'^ %'zdz^ adzr — 

^ * ~~ 

ft ^^^^^^^ ^^^^" 

£x hujus ^ uationis j ;^ediic^ione prodibit 
fequens equatio2^*-<^^+^^^--^^^- ^kk^^^— 

It^—by T^^ hoc cft RL • MI-±: 

ED*hoceft RL; ED:: ED: M L; Scd 
LR: £D:: LK.* £K, ergo ED.* ML:: 
LK: EK. Sed ED: ML:: NE: N L. 
ergo LK: EK:: NE: LN. Igitur LK— 
EK: £K:: NE-NL: NL, hinc patet 
effB NL=EK. 

Apponam aliam jpraxim a lau- 
dato Arcbite^lo excogitatam > 

ut 



Di< 



. Cix) 

ut Problemati huic fatisfaceret. 
quod tali paflo ei propofitum 
mity dato angulo^ £sf dato pun^o 
intraeundemangulumy & dataktti^ 
tudine le^icq quaritur maxtma lon-- 
oitudo illius re^anguli conjiituentis 
vajim ejufdem le^ica^ qua volvipo^ 
tejl circa datum punHum^^ tanquam 
obicemy in datoangulo. Fig.IL Ex 
funHo A tanquam centro circulum 
defcripjit radio aquaU iatitudini le^ 
^ica^ deinde duas normas fupra re-^ 
gulam aptavitj quas mavere fecit 
ta/i lege y ut dum latus unum prima 
norma tranjit per punHum Ay & 
latus unum fecunda tranjit per ver^ 
ticem anguli D y reliqua duo latera 
normarum adhareant regtda X 
£sr alterum latus norma A E tan^ 
at circumferentiam circuli defcripti ; 
^ motum bunc tunc cejfare fecit ^ 
eum invenit circini ope regulic par^ 
tem E C ~ F P . His peraHis 
eonjidenter ajferuit C B effe maxi^ 
mam longitudinem k^icay qua vo/vi 
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(X) 

foteft in anguJo CDB^ circa Pua- 
hum A . Qu^ mechanica conltru- 
aio convcnit cum us, quQ Ana- 
lyfeos prQfidio deteximus. 

Idm aUter, 

5io AS=i^rPariter 

-AS . V^ergo AS=:!2^-j^^- 
Sed AP: PB:: KV: VB=:^. & QA: 
OC;: N G: CG = ff, jgitur N K = 

tionemM^^/erit.^^ bd=c^^:;M^' 

Pcraaisdebitisfubftitutionibus, & redudtio- 

nibusinvcnieBJnsdaas ?quationes bxj^— 

yTeJ^xK 



e Vtfirt^ n 




(XI) 

Qux curv? conftruile ex pun6lo X intra 
angulutn OXHduais PX, QXparallelis 
QD» PD fe mvicemfecabant. £x pim6lo 
feftionis ducantur parallele lateribus an- 
guli dati, quae determinabunt punftaB, C, 
& redam GB, agatur NK parallclaGB 
in diftantia AL, dico NK dieUneamquas- 
fitam. 

GONSTRUCTIO Curvf hx^zf^JlHz^^ 

Flg. V. Sit angulus BAG zzdato, aut 
e)us complemento ad duos redos, & 
centro A conftruatur hyperbola — qq 
^nn^ cu)us ordinatf liot: paraliele F A. 

Sit C A G & ducatur A H. 

Sit AC: CD:: Preterea fit CS = 
& centro S fuper axem S Q paralle- 

lum AB ddcribatur hypcrbola ^va: — rr— 
€c^ cttjus ordinate iint paraliele CA* Du«* 

catur ad libitum^P E parallela C A. Per 
Oducatur OF paraliela AB, a punftoL 
ducatur LM parallela FA> a pDn<5Vo M 
agatur MN parallela AB; a punfto N 
ducatur per C linea N G T ; a pun^lp T 

B 2. li«ca 

Digitized by Google 



( XII ) 

linea TR paralfela CA. Dico OE:z:r. 
rs.=xt & duaa TX paraliela RS, «e 
GX parallela CA, dico puai5him X «(Te 

in Curya bsr—cc m — mx^ 





Vcf+itZ. V«»fx« 

DEMONSTRATIO/ 

»Uin fit O E=:F A iz^ex byptb. , & «c 
J conftruc. AC: CD:: i>: m erit FLr=: 
£^ = NE per $uimam triangtdi A F G ; 

i£ttar P N= wr<r.m»;caaipo(Itum fiierieC A 

^«»: $ed per krferbotani BO eft AE=^ 
b . 

CP= ^KK+nn^ ergo CP: P N:: ^?^+«»: 
2«-.«,^. Sed CP: PN;: GV; T V, & 
h 

CVn ^xx^e per h»pMm QT, & TV 
— «— «• cum fit CS=i ^^. Ergo ^^^i^rfa» : 

Mir-wzt.'- ''^^Hhn-i * — Tanden» — <y 



— »» ' Q.. E« D» 



CON- 
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( XIII ) 

CONSTRUCTIO C«ft;if 

Flg. yj. Sit angulas BCK equalis dato» 
& centro C luper axem CF con- 
ftruatur hypcrbola z,z = ^^ — , cujus or- 
dinatf fint parallele CK. Accipiatur C A 
ir^) ducaturque AG parallela CFf Sc 
lit CA; BC:; c. Ducatur CQ, ita ut 
ut femper flt Ck=:kQ, & agatur C L, 
ita ut fit Ck: kL:: isr: Superaxem CP 
centro C defcribatur hyperbola xx —tt 
— rr, cujus ordinate fint parallele B C. 
Ad libitum ducatur NF, deinde Nk pa- 
rallela CF, tandem QD parallela N F. 
Conjungantur punAa A & N, & a pun-* 
&o C ducatur CM parallela A N, pro- 
ducaturque D Q. £x pun6lo L agatur 
JuH parallela CQ« Conjungantur punda 
k & M , ducaturque H E parallela K M ; 
a punfto E finca EI parallela CF, a 
punfto I liena lO parallela BA, deinde 
linea O? parallela CF, dico OV=:se 
MFzTr, 9c pun^m X efle tn Curva» 

DEMONSTRATIO- 

EX i^ppotk NF:=x> crga KQ=:KC 
rr CD Zr « pcr naturam Triangulf 
.CKQj &; taralklarum^ & ^txbyperMam 

AG 

Digitized by 



( XIV ) 

AG r:CF— ^^^;^. Sed AG: GNt: 
GD: DM» ergo DM~ 'S&m^ com ex 

nnflnif* fit FGlZ CA = w. Sed G K: 
KL:: »: bt igitur KL=:^=KH=M£ 

natwramTriaftPuli CQK> & paralMarum* 

£D=ss^— ^=GL DcnominatoOP, 
& per byperbol am dc tcrminato C PzT 

t^xx^c Crit PIZZ — « — ^ + ^ 

At GA: BG.-: IP: PO:; *: ergo 
=r A^xa^^r — ^ + ^ . Q. E. D. 

Confultoommittimus determi- 
nationes hujus problematis» ani- 
madvertimus tamen traditas con- 
flru£tiones Curvarum fadle ab- 
ialyi polTe fubiidio cujufdam ma- 
chinq unico> 6c continuo motu 
deicnbentis curvam: in conflru- 
ftione hujus machinQ nil aliud 
fupponi debet > pr^ter defcripdo- 
nes vulgares & notas hyperbo- 
larum. Artihcium hujus inftru- 

men* 



Dt 



(XV) 

menti , adhibita mediocn folertia 
& induftria juxta vanascircum^ 
ftantias Problematum , tranlduci 
poteft ? ad conftruendam quam- 
hbet aliam curvam j & hoc.pafto 
Geometria longius provehi pof. 
fet , methodum conltruttionum 
reddendo facilem 9 ufui prom- 
ptam > ac paratam • Hoc nunc 
mdicafle ^tis 



m 
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Solutioties, & Conftruaiones 
auorum Prqblematum 
Geometricorum. 
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